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Emergent version

· no chords between poles

S · at most one chord between strands

↓ j] DK3 = Q(tiz++is++23)#FL(tis
,
tzy)

I 23

- 19] EDK21 = FL(tib
,+23)

it
The emergent 5-gon equ takes place in

Fe,
tis

, tip ,
tes , te4 ,

tail 99
EDK2

,
2

- 1234
4T

, (tij , [ke] = 0
, degts4 ?2

= F((x ,3), FL(x,4), FA( ,5)
1 ,2

Aim : o more tractable equ's-

· revisit the map righty - krv (Alekseev-Torossian)



mixed braids & emergent braids

mixed braids
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U 12 ... P
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S Category of emergent braids
PaEB object : loloa par. of 4 poles and s strandsa

par . (P+s)- braids which projecthism

: To
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PaECD Sect : the same as PaEB
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operations . adding a pole or a strand to the left/right
· doubing a pole or a strand

· changing a pole to a strand

· deleting a pole or a strand



coface maps di : EDkps -> EDKp,
s+ = 0

,
1
,
"

, p+ S+ 1

Example : P = 2
,
S = 1 di : EDK 2

1 1
-> EDK2

, 2

: : 9 p :
↓ ↓ ↓ ↓ ↓
%9 p 19↓

9 p d3 d4

do di da

#blem Construct an expansion
: PaEBE PaECD

building blocks of PaEB g
S
%

and applying: % ,
Im0] etc

.,
we get more.



-relations 5-gons and 6-gons with various colors
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&roblem Give a presentation of PaEB . (We will need

a pole-strand version of the coherence theorem.



3 5-gon and 6-gon equations

An expansion E : PaEB-> PaECD will be specified by
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45-gon

off = Epps

- d4 · dz do = di . da
linearization
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Heyterm d34 = y1 + Ye + Rylia :
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Summary linearized pps 5-gon and doubled 6-gon
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(2y4((x ,2) + 124((y ,0) - 1224)(x+y, 0) - R(y) = 0

0 = (Y(y ,x) , x] + (Y(,2) , %] ... (H)

computer experiment :
up to degree 17,

& solutions to (P2)) = &solutions to (P1) ,
(P2)

,
(H) )

=> FL(B
,55 , > , &g , . (

Tentatively , grt
*M: = solutions to (P1)

,
(P2)

,
(H) )

Rem For the pss case. ,
= Eps + explEDK1 ,2)

21

(Sol . to 5-gon) = D(kil)11 exp(Q(p] =1)
5-you

Isol . to doubled 6-gon) = (f(x))foddk) =*



⑤ Relation to KI
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5) Details about the proof
The map R and self-intersection of loops

(P2) (2y4((x ,2) + 124)(2 ,0) -A2Y((x+y, 0) - ) = 0

T= /D2- pyts/

#of (based loop ver of
the Goldman bracket

( ·
the Turner cobracket

7 : Q -> AT
,

7 (d , b) =[EpxRp
Mo : D -> Dit
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PESelf(t)

Remo 7 & Mo are equivalent to K & M in AKN

· No recovers the (framed) Turner Cobracket
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KV equations and loop operations
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Outline of proof
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Thm (2) : ImUEMy krESam

Letu = (Y (4,
x)

, 4(x ,7)) = krym of deg ? 3 .

&sel - krve
.
Then

,
i commutes with (Molgr = -R.

0 = u(R(y1) = R(u(y1) = R((g
, 93)

= (7 ,R(y)] + 1229)y =yay) = (2 , R(4)-229]
~ R(y) - 224 =Q(y)] 22

-

more analysis R(4)
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Lase2 general case
.
Let i be homogeneous of deg 1 2 3.

l : even - div(n) = 0 (cf
. AT Prop4.
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~ E Krive Casel applies

Add EcQ div(n) = <(x + y1 - (+y)))
Let E grty be the Drinfeld - Ihara generator.
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